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Abstract 
Task decomposition is on of the most important activities for manufacturing task planning in 

Manufacturing Grid. Many achievements in the methods to decompose manufacturing tasks have been 
obtained. But as for the decomposition granularity, the study and research are rare. Referring to the 
principle of “strong cohesion and weak coupling” in the software engineering field, the decomposition 
model of manufacturing task is built up, in which a manufacturing task is decomposed into different 
subtasks, and each subtask is composed of various processing events. On the basis of the model, the 
constraint among processing events within the subtasks is analyzed. Then the evaluation index on 
decomposition granularity of manufacturing task is put forward based on several definitions and evaluation 
steps for the decomposition granularity of manufacturing task are listed. Finally, examples to illustrate the 
idea of the paper are given. We hope the work of the paper can promote the study and application for 
Manufacturing Grid further. 
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1. Introduction 

Manufacturing Grid (MG) aims at realizing resource sharing, collaborative design and 
collaborative manufacturing, and achieving the purposes of reducing manufacturing cost, 
increasing resource utilization rate and speeding up the product development [1].  

In Manufacturing Grid, the completion of a complex task often requires the dynamic and 
collaborative engagement of multiple resource nodes. Reasonable and effective planning of 
manufacturing task can shorten the cycle of product development, improve the task 
performance and upgrade the overall competitiveness of the enterprise. The decomposition of 
the manufacturing task is on of the basic activities for manufacturing task planning, in which a 
manufacturing task is decomposed into several different subtasks according to certain 
principles, and the relations among these subtasks are determined to facilitate the collaboration 
among multiple resource nodes [2].  

In recent years, numerous studies on the decomposition of the manufacturing task have 
been conducted [3-7], and many exciting and innovative achievements have been obtained. 
Their works can be classified into the following categories, namely [8-12]: Similarity coefficient 
methods; Array-based methods; Graph theoretic methods; Mathematical programming methods 
and artificial intelligence-based methods. 

Their achievements have explored the dependency relationship during the 
decomposition process of the manufacturing task, the methods to decompose and re-compose 
subtasks; the recognition and analysis of subtask coupling and decoupling, the conflict 
recognition and its resolution and so on [13-19], which can guide users to decompose 
manufacturing tasks into different subtasks effectively. However, their works only direct users 
how to decompose manufacturing tasks. As for the decomposition granularity of the 
manufacturing task, how to evaluate their decomposition, namely how to assess the 
performance of the decomposition results, rare works have been reported, so further 
explorations shall be made on relevant models, strategies and judging methods.  
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In the decomposition of manufacturing task, the decomposition granularity plays an 
important role. For example, on one hand, too large decomposition granularity will increase the 
complexity of single subtask or activity, affecting the quality of service, and in turn influencing 
the execution of subsequent subtasks, weakening the flexibility of subtask execution. On the 
other hand, much small decomposition granularity will increase the number of subtasks, make 
subtask structure and task planning more complicated. Meanwhile, small decomposition 
granularity will increase the coupling degree among subtasks, increase the time for coordination 
among subtasks, or even trigger conflicts in the allocation among resource nodes. In order to 
ensure the completion of subtasks and avoid the delay in the completion of the manufacturing 
task caused by unbalanced allocation of subtasks, it is necessary to study relevant theories and 
methods concerning decomposition granularity of the manufacturing task.  

This paper only focuses on how to evaluate the performance of the task decomposition, 
not the way to decompose. To begin with it, we give the decomposition model of the 
manufacturing tasks at first. 

 
 

2. Decomposition Models 
To begin the study on the decomposition granularity of the manufacturing task, this 

paper first decomposes a manufacturing task into different subtasks, and each subtask is 
composed of various processing events, as shown in Figure 1. 

 
 

 

 

 

 

 

 

 

 
 
 

Figure 1. Manufacturing Task T Decomposed into 3 Different Subtasks 
 
 

In Figure 1, manufacturing task T is decomposed into 3 subtasks, i.e. subtasks A, B and 
C. Generally one resource node in Manufacturing Grid can independently accomplish one 
subtask. The subtask is composed of a series of processing events. For instance, subtask A in 
Figure 1(b) contains 3 processing events e, f and i. Resource node R1 can independently 
accomplish this subtask (Take the subtask of nut manufacturing for example, the resource node 

that is capable of nut processing can accomplish 3 processing events, including Nut 3, Nut 5 

and Nut 8). Resource node with weak processing capacity may be allocated with only one 
processing event in a subtask, e.g. subtask B in Figure 1. 

In the paper, the principle of “strong cohesion and weak coupling” in the software 
engineering field has been taken for reference [20]. To be specific, the internal processing 
events contained in each subtask should have strong cohesion coefficient, while the external 
coupling relationship among subtasks should be relatively loose. On such basis, this paper has 
adopted the activity constraint matrix to analyze the constraint relationship among subtasks. 
After that, the decomposition granularity of manufacturing task has been judged and evaluated 
by cohesion and coupling indicators. Finally, specific examples have been given on the 
decomposition granularity of manufacturing task, and the work of this study has been verified. 
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3. Constraint Analysis 
According the decomposition model of manufacturing task in section 2, one 

manufacturing task is an ordered set of correlative subtasks, and each subtask contains several 
processing events. These processing events are executed under certain constraint conditions. 
The modification of one processing event will lead to the change in the entire status of the 
subtask, which may influence the execution of next subtask. This process keeps going on and 
on, until all the subtasks are completed. Therefore, the constraint relationship among 
processing events within a subtask needs to be analyzed. According to Reference [21], the 
constraint relationship among processing events can be divided into several types as shown in 
Figure 2. 
 

 
 
 

 
Figure 2. Different Constraint Relationship Among Processing Events 

 
 
After the manufacturing task is decomposed into subtasks, there exists correlation 

constraint among processing events in each subtask. In Figure 2, the directions of the arrows 
represent input or output relationships among processing events. Suppose subtask T contains n 
processing events, i.e. e1, e2, e3, ……en. Then one n X n matrix can be constructed. The rows 
and columns of the matrix represent the correlation among processing events in the subtask. 
This correlation is expressed by eij, and it satisfies formula (1).  

 
            1  i is input unit, j is output unit  
eij  =  -1  i is output unit, j is input unit                                                                     (1)      

 1 No input or output relationship between i and j 
 

Since one processing event has no correlation constraint with itself possibly, all the 
diagonal elements of the matrix are “0”. See Figure 3 for the matrix E with n X n. 

 

 
Figure 3. The Matrix E With n X n 

 
 

4. Evaluation Index 
Following sections 2 and 3, one manufacturing task is decomposed into a series of 

subtasks, and each subtask is composed of several processing events with correlations. The 
output of the previous processing event is the input of the subsequent one or several 
processing events. A group of input and output events constitutes an event control unit. The 
constraint structure of events has several activity control units. In here a formal definition of 
constraint structure among processing events has been specified, and the definition of cohesion 
coefficient and the measurement methods for its cohesion have been put forward as well [20, 
21]. 

Definition 1: Activity constraint structure among processing events within a subtask.  
The activity constraint structure among processing events within a subtask is defined as 

two-element (T, C), and it satisfies the following conditions:  
(1) T represents a finite number of processing events in constraint structure of subtasks;  
(2) C={(os, is) T x D(T)} is a constraint control set composed of a series of processing events. It 
represents the input and output relationship among all the processing events in the constraint 
structure. “os” represents the output event set, and “is” represents the input event set. The 
constraint control set (os, is) belongs to the constraint structure space composed of processing 
events. As one example shown in Figure 4, the input processing events a, b and c have a 
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common output processing event d. This activity control relationship can be expressed as d {a, 
b, c} by control units. For another example in Figure 4, the input processing events e and f have 
a common output processing event h, and the output of g is also h. So this activity control unit 
can be expressed as {(h {e, f}), (h {g})}. 

 
 

  
 

 
Figure 4. Examples of Activity Control Unit 

 
 

Definition 2: Effective subtask. Supposing there exists an activity constraint structure (T, 
C) of a subtask, any constraint subset t C is called an effective subtask of this constraint 
structure.  

Definition 3: Effective subtask sequence. Provided that an activity constraint structure 
(T, C) of a subtask exists, one two-element (Q, F) is the effective subtask sequence of this 
constraint structure, and it meets the following conditions:  
(1) For any cC, when c t, then tQ always exists. Q is a collection of effective subtasks, 

and QP(C); 

(2) For any t,uQ, when ps is, (os,is)  t, (ps, qs)  u, (u, t) F. FQ X Q is a constraint 
structure based on Q;  

Definition 3 has provided a collection composed of several input events. “c” is the basic 
control unit; is and qs are the input event sets; os and ps are the output event sets. Both “t” and 
“u” are effective subtasks. Condition (1) indicates that all the control units in the activity 
constraint structure should appear at least once in subtasks, while Condition (2) stresses the 
correlation among subtasks. In another words, the input event of a control unit in the 
subsequent subtask is the output event of control unit in the previous subtask. This condition 
has ensured the correctness of subtask sequence.  

In Manufacturing Grid, each subtask is completed based on certain constraint structure 
according to corresponding working flow. The output of a processing event may be the input of 
the next one. During the interacting process between the input and the output, many reused 
activity units will be produced. Those units may appear twice or move in constraint control. The 
reused cohesion coefficient of processing event is defined as follows [21]. 

Definition 4: Reused cohesion coefficient of processing events. With respect to the 
effective constraint task “t” based on activity constraint structure (T, C), the reused cohesion 
coefficient of its processing events is [20]: 

 
 
 

                                                                                                                                          (2) 
  

 
 
 
Reused cohesion coefficient of a processing event is the ratio between the number of 

reused processing events and total processing events. It can reflect the proportion of reused 
processing events in total processing events in the constraint structure. 

Definition 5: Correlated cohesion coefficient among processing events. For the effective 

constraint subset “t” in the unit constraint structure, the correlated cohesion coefficient )(t  
among processing events is defined as follows [20]:  
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In the above formula, “ ” is the sum of non-empty intersections among one control unit 
and others. The correlated cohesion coefficient among processing events is a coefficient 
measuring the relationship among control units in the constraint structure. It has reflected the 
general level of correlation among adjacent control units. According to the definitions, the 
cohesion coefficient inside a subtask is thereby defined as follows.  

Definition 6: cohesion coefficient inside subtask. Given an effective constraint subset of 
subtask activity constraint structure (T, C), its cohesion coefficient is the product of correlated 
cohesion coefficient and reusable cohesion coefficient of processing events [20]: 

 
)()()( tttc    (4) 

 
Definition 1~6 have described the cohesion relationship among processing events 

within each subtask that is decomposed from the manufacturing task.  
However, with respect to the relationship among subtasks, the fundamental principle to 

decompose a manufacturing task is to ensure certain independence of each subtask, namely 
weak coupling among subtasks. The coupling coefficient between subtasks is defined as 
follows.  

Definition 7: Coupling coefficient among subtasks. Suppose there are n kinds of 
coupling relationship among subtasks, in which the influence coefficient of the kth in n is k , so 
the coupling coefficient between subtask Si and Sj is defined as follows:  
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In formula (5), we have: 

 
                             1  Subtasks Si and Sj meet the kth coupling relation 
                 =                                                                                                                     (6) 
                             0 Subtasks Si and Sj don’t meet the kth coupling relation 
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In further step, as one subtask is of autocorrelation by itself, its coupling coefficient is: 

01,1
1
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jikji rjicr                       (8) 

Combing the definition 6 and 7, the evaluation index, namely the decomposition 
granularity coefficient, can be deduced:  

                                                                      

)( tc

r
                                                                                                                          (9) 

 
 

5. Evaluation Steps 
On the basis of the evaluation index in section 4, according to the principle of “strong 

cohesion and weak coupling” for decomposition of manufacturing task, the steps for the 
evaluation of decomposition granularity of one manufacturing task is listed as follows [22].  
1) When decomposing the manufacturing task, the task to be decomposed is regarded as one 

subtask (i.e. this manufacturing task is accomplished by one resource node). First of all, the 
processing events of the manufacturing task before decomposition are determined according 
to definition 1; 

2) According to section 2 and 3 of the paper, the activity correlation matrix E of this 
manufacturing task is derived; 

k
jir ,
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3) Constraint structure (T, C) of this manufacturing task is obtained according to the activity 
correlation matrix; 

4) The decomposition coefficient   of the manufacturing task is calculated according to 
definition 4~7 in section 4; 

5) Then the manufacturing task is decomposed into 2 subtasks. Return to steps (2), (3) and (4), 

and calculate the decomposition coefficient  of each subtask again; 
6) The following rules can be used to evaluate the decomposition granularity of manufacturing 

task:  

Rule No.1: If the decomposition coefficient   of manufacturing task before 
decomposition is larger than that of the effective subtasks after decomposition, that is, the 
manufacturing task is in tight constraint structure, the decomposition granularity of the 
manufacturing task is appropriate, and the initial constraint structure of manufacturing task 
should be maintained.  

Rule No.2: If the decomposition coefficient   of the manufacturing task before 
decomposition is smaller than that of the effective subtasks after decomposition, it indicates a 
weak cohesion exists among the internal activity units of the initial task, and the manufacturing 
task has loose constraint structure. It is strongly recommend decomposing the task further. 
7) If the manufacturing task needs to be decomposed with different granularities, return to steps 

(2), (3) and (4), decompose the task once again, and calculate the decomposition coefficient 
  of subtasks after decomposition. The granularity with the minimum value of   is the 
optimal choice of manufacturing task decomposition.  

In the following part of the paper, examples to demonstrate the decomposition process 
of a manufacturing task with proper granularity are given. 

 
 

6. Examples 
Providing that a manufacturing task T is to be decomposed, which contains 14 

processing events, i.e. a,b,c,d,e,f,g,h,i,j,k,l,m and n, as shown in Figure 5.  
 
 
 
 
 
 
 
 

Figure 5. Manufacturing Task T to be Decomposed 
 
 

Following step (1), T is treated as one subtask. According to section 3, the correlation 
constraint matrix of processing events in manufacturing task T is obtained as in Figure 6. 

 
 

 
 

Figure 6. Correlation Constraint Matrix of T 
 
 

The set of the processing events in manufacturing task T is as follows:  
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T={a,b,c,d,e,f,g,h,i,j,k,l,m,n}                          (10) 
 
In terms of formula (10), we get the constraint control set of manufacturing task T in 

Figure 6: 
 
C={f(a), g(b), h(c, d), i(e, f), j(g), k(g, h), l(i, j), m(j, k), n(l, m)}     (11) 
 
According to formula (2), the reused cohesion coefficient of processing events in 

manufacturing task T can be achieved: 
 

7

4
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8
)( t  (12) 

 
Next by formula (3), the cohesion coefficient of all the processing events in task T is: 
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          (13) 
 
Then in the light of formula (4), the cohesion coefficient inside the subtask of 

manufacturing task T (In here, T is decomposed into only one subtask) can be acquired: 
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                (14) 
 
As T is only decomposed into one subtask, its coupling coefficient r=1. So the 

decomposition granularity coefficient for manufacturing task T can be derived out. 
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It can be seen that, if manufacturing task T is decomposed into only one subtask, the 

decomposition granularity coefficient is very large, so the task needs to be further decomposed. 
Suppose the manufacturing task T is decomposed into two subtasks T1 and T2 as shown in 
Figure 7.  

 
 

 
 
 
 
 

 
 

Figure 7. T is Decomposed into Two T1 and T2 
 
 

 
 

Figure 8. Correlation Constraint Matrix Inside Subtask T1 and Subtask T2 
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Subtask T1 contains 4 processing events, i.e. a,e,f,i; subtask T2 contains 10 processing 
events, i.e. b, c, d, g, h, j, k, l, m, n. See Fig. 8 for correlation constraint matrix of these 
processing events inside subtask T1 and subtask T2. 

According to the correlation constraint matrix of processing events in subtasks T1 and 
T2, their constraint control set are as follows:  

 
C1={f(a), i(e, f)}        C2= { g(b), h(c, d),, j(g), k(g, h), l( j), m(j, k), n(l, m)}            (16)   
    
The reused cohesion coefficients of processing events in subtasks T1 and T2 can be 

achieved individually according to formula (2): 
 

2
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                                 (17) 
 
The cohesion coefficients of all the processing events in subtasks T1 and T2 can be 

acquired by formula (3): 
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Then in the light of formula (4), we get the cohesion coefficient inside subtasks T1 and T2: 

 
 5.01*

2

1
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As shown in Figure 7, subtask T1 and T2 is only coupled by node i and l, and their 

coupling coefficients r1 and r2 are 0.5. So the decomposition granularity coefficients 1 and 2  
of subtask T1 and T2 are as follows:  
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         (20) 

 
It can be seen that, after the manufacturing task T is decomposed into subtask T1 and 

T2, the decomposition granularity coefficients of both T1 and T2 have decreased. Therefore, it 
is appropriate to decompose manufacturing task T into subtasks T1 and T2.  

Of course, manufacturing task T can also be decomposed into different kinds of 
subtasks in different ways. After decomposing manufacturing task T into different subtasks each 

time, we calculate the decomposition granularity coefficient  of subtasks according to the 

steps in section 5, and the decomposition with the minimum granularity value of   is the 
optimal decomposition of the manufacturing task.  

 
 

7. Conclusion 
Manufacturing grid has provided manufacturing enterprises with a global platform for 

sharing manufacturing resources, and it is a key step to decompose the manufacturing task into 
subtasks with proper granularity. Referring to the principle of “strong cohesion and weak 
coupling” in software engineering field, this paper has established the model for evaluating the 
decomposition granularity of the manufacturing task, explored the design steps for the 
decomposition granularity, and put forward examples to illustrate the idea of the paper. This 
study is based on the assumption that each resource node on manufacturing grid is capable of 
executing the subtasks decomposed according with appropriate granularity. Meanwhile, this 
paper has evaluated the decomposition granularity only through the subtasks after 
decomposition, i.e. to passively compare and evaluate the appropriateness of different 
decomposition granularity through subtasks after decomposition. Since a manufacturing task 
can be decomposed in various kinds of approaches, it will be a very meaningful research to 
actively guide the decomposition of manufacturing task by combining this evaluation method 
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and certain optimization algorithms while taking the constraint of resource node into account as 
well.  
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