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Abstract
The detection of voltage collapse is essential to avoid possible voltage collapse for the
preventive control actions and voltage security assessment. One effective way to know the locations where
voltage collapses could be appear is to identify weakest buses in the systems. The weakest bus is the first
point where voltage collapses appear in a severe contingency. This paper proposes a technique to
evaluate the weakest bus in large scale power system based on the optimal position of reactive power
supports. To solve the optimization problem, Differential Evolutionary (DE) technique is used. The fitness
function consists of cost, power losses and Load voltage stability index (Lmn) which satisfying all
operational constraints. Lmn is used as the indicator for voltage stability margin and weakest bus
identification. The method is applied on standard IEEE 30 bus, 57 bus and 118 bus test systems to show
their comparative computing effectiveness.
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1. Introduction
A system experiences a state of voltage instability when there is a progressive or
uncontrollable drop in voltage magnitude after a disturbance, increase in load demand or
change in operating condition. The main factor, which causes these unacceptable voltage
profiles, is the inability of the power system to meet the demand for reactive power. Under
normal operating conditions, the bus voltage magnitude increases as reactive power injected at
the same bus is increased. However when voltage magnitude of any one of the system’s buses
decreases with the increase in reactive power for that same bus, the system is said to be
unstable. Although the voltage instability is a localized problem, its impact on the system can be
wide spread as it depends on the relationship between transmitted active power, injected
reactive power and receiving end voltage [1]. The main challenge of this problem is to identify
the locations where voltage instability could be initiated and to understand the origin of the
problem. One effective way to known the voltage instability origin is to identify weakest buses in
the systems. The weakest bus has been identified as the bus which lacks reactive power
supports the most to defend against voltage collapse.
The identification of weakest buses is an important task for the analysis of power
system stability [2, 3]. To identify the weak buses several methods has been proposed in the
literature, the most of these methods are based on Voltage Stability Indices. In Ref. [4] the
voltage collapse proximity indicator (VCPI) method for each load bus is applied to identify the
weak buses of the system. Ref. [5] proposes the use of Continuation Power Flow (CPF) to
identify the weak buses. The Ref. [6] uses line stability index designated as fast voltage stability
index (FVSI) to determine the maximum reactive load-ability and the weakest buses. A New
Voltage Stability Index (NVSI) is proposed in Ref. [7]. A fuzzy logic based fast decoupled load
flow method is considered to estimate the value of NVSI. Ref. [8] presented the use of Line
voltage stability index (Lmn) for Weak Bus Identification for FACTS location. Ref. [9] proposes
the identification of the weakest buses over 24 hours in order to study and compensate the
detrimental impacts of PEV charging stations on voltage profiles and voltage stability of smart
grid.
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The identification of the weakest buses using above mentioned methods is based on
graduation increasing of load at chosen load bus and calculating of the Voltage Stability Indices
(VSI). The value of VSI close to 1.00 indicates that the particular bus is close to its instability
point. In the final step the maximum power loading or maximum load-ability limit (MLL) is
extracted for every load buses and the smallest MLL is ranked the highest implying the weakest
bus in the system. The major weakness of these methods is that required a large calculation
time particularly for large scale power systems. In recent years evolutionary/meta-heuristic
computing techniques like Genetic Algorithm (GA), Particle Swarm Optimization (PSO),
evolutionary programming and others have emerged as very powerful general purpose solution
tools. Basically these tools are search techniques capable of finding the optimum solution of a
problem. The most remarkable feature of these tools is that they do not impose any restriction to
the nature of the search space and type of the variables [10]. In this paper a technique to
evaluate the weakest bus in large scale power systems based on the optimal location of
reactive power supports is proposed. Planning of reactive power supports would give benefits to
the users of the transmission systems, in terms of loss reduction, among other technical
benefits, such as improving steady state and dynamic stability; improve system voltage profiles
[11]. The reactive power planning problem involves optimal allocation of reactive power sources
(Var sources) to improve the system voltage stability and reduce fuel cost and power losses. In
this paper the optimization problem is solved using Differential Evolutionary (DE) technique. The
Load voltage stability index (Lmn) is used as the indicator for voltage stability margin and
weakest bus identification and ranking. Simulations are performed on IEEE 30, 57 and 118 bus
systems.

2. Formulation of Voltage Stability Index
Voltage stability is currently one of the most important research areas in the field of
electrical power system. Voltage instability problem is associated with the increased loading of
system (heavily loaded), and insufficient local reactive supply. The main challenge of this
problem is to identify the locations where voltage instability could be initiated and to understand
the origin of the problem. One effective way to known the voltage instability origin is to identify
weakest buses in the systems. The weakest bus has been identified as the bus which lacks
reactive power supports the most to defend against voltage collapse.
Identifying weak buses can give correct information for the optimal reactive power
planning involved that would decide which buses are the most severe and need to have new
reactive power sources installed and distributed generator to enhance load-ability of the system
[4, 12]. There are many methods currently in use to help in the voltage stability analysis and
weak area identification. Some of them are PV and QV analysis [13], Modal Analysis [14],
Maximum Loading Margin Index (MLM) [15], load proximity index [16, 17], impedance index
[18], Fast Voltage Stability Index (FVSI) [6], Line stability index [19]. In this paper the line
voltage stability index (Lmn) is used for weakest buses identification. The line voltage stability
Index symbolized (Lmn) proposed by Moghavvemi [20] is formulated based on a power
transmission line. This index is basically used to determine the maximum load-ability in a power
system. The voltage stability index referred to a line was formulated from the 2-bus
representation of power system. The value of line index that is closed to the unity indicates that
the respective line is closed to its stability limit. The representation of a 2-bus model is illustrated
in Figure 1.
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Figure 1. Model of Simple Branch for Voltage Stability Research
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The voltage stability index for a line is defined as follows:
L mn 

4X Q r

V s sin(   )

2

 1.0

(1)

Where:
X: Line reactance;
Qr: Reactive power at the receiving end;
Vs: Sending end voltage;
θ: Line impedance angle;
δ: Angle difference between the supply voltage and the receiving voltage.
The value of Lmn ranges from 0 (no load) to 1 (voltage collapse), and it must be less
than 1 for stable systems. The Lmn is used to find the stability index for each line connected
between two buses in an interconnected network, line with the highest value of Lmn index is
considered to be weak compared to a line with the lower value of Lmn index.
3. Formulation of the Optimization Problem
This section presents a methodology to find the optimal positions of Var sources on an
existing power network, these positions or nodes is considered as the weakest nodes in the
system. The objective of optimal positions of Var sources is to optimize a certain objective
function such as cost, loss, and voltage stability index while satisfying all operational
constraints. The optimization of voltage stability index is included in the objective function to
improve system voltage stability. In this context the general optimization problem can be written
in the following form:
Min  f

NG

  f i
i 1

NB

 PLOSS   L mn

(2)

i 1

Where, fi is the fuel cost of the ith generator.
The fuel cost curve is modeled by quadratic function as:
f i  ai  bi PGi  ci PGi2

(3)

In this equation, PGi is the actual power produced in the generator i. ai, bi and ci are
the invariant factors and NG is the number of generators in the system.
The active power losses are expressed from the equation of active power balance:
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Lmn is the line voltage stability index and NB is the number of branches in the power system.
The equality and inequality constraints to be satisfied while searching for the optimal
solution can be written as:
NB
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The system inequality operation constraints include:

Pgimin  Pgi  Pgimax

(6)

Qgimin  Qgi  Qgimax

(7)

min
max
QDG
 QDG  QDG

(8)

V i min  V i  V i max

(9)

Where, NB is the number of buses; Pgi and Qgi are the active and reactive power generations at
ith bus; Pli and Qli are the active and reactive power demands at ith bus; Pi and Qi are the active
and reactive power injections at ith bus; δij is the deference between voltage angles at bus i and
j.

4. Differential Evolution Based Optimal Location of Var Sources
Differential Evolution (DE) is a population based algorithm proposed by Strom and Price
(1995) [21] whose main strategy is to generate a position for an individual with the help of vector
difference among other randomly selected members of the population.
The advantage of DE can be summarized as follows [22, 23]:
DE is an effective, fast, simple, robust, inherently parallel, and has few control
parameters need little tuning. It can be used to minimize non-continuous, non-linear, nondifferentiable space functions, also it can work with noisy, flat, multi-dimensional, and time
dependent objective functions and constraint optimization in conjunction with penalty functions.
The optimization process in DE is carried out using the following steps:
Step 1: Initialization of power flow data and DE control parameters such as the size of
population (NP), the maximum number of iteration, the mutation factor (F); the
crossover factor (CR) and the number of variables to be optimized (D).
Step 2: Initialization of population: The initial population is generated randomly using the
following equation:
x ij (0)  x Lj  rand  0,1  x uj  x Lj 

Where xij is the variable that should be optimized (the exact location where it will be
installed the Var source (Load Buses)), and x uj , x Lj are the lower and the upper bound
(the buses of power network except where the generators are installed). The random
number rand (0, 1) is uniformly distributed in interval (0, 1).
Step 3: evaluate the fitness for each individual in the population according to the objective
function.
Step 4: create a new population by:
a) Mutation: For each target vector a mutant vector is generated according to following
equation:
v i  g  1  x r 1  g   F   x r 2  g   x r 3  g   ,
Where r1, r 2, r 3  1, 2,..., NP  integer, mutually different and F > 0, the randomly chosen
integers r1, r2 and r3 are also chosen to be different from the running index i. F is a real
constant factor usually within range of [0.4 1.0].
b) Crossover: In order to increase the diversity of the perturbed parameter vectors,
crossover is introduced. To this end, the trial vector is formed, where:
v ij  g  1 if rand  0,1  CR or j  j rand
u ij  g  1  
x ij  g  otherzise
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Where j rand is a randomly chosen index to ensure that the trail vector uij does not
duplicate xij. CR is the crossover constant which has to be determined by the user in the
range of [0 1].
c) Selection: the trial vector is compared to the target vector and the better one is
selected into the next generation as follows:
ui  g  1 , if f  ui  g  1   f  xi  g  
x i'  g  1  
xi  g  , otherzise
Where x i' is the offspring of x i for the next generation.
Step 5: end of the process and save the best individual (optimal location of Var source) if the
stopping criterion is satisfied, else go back to step 4.
The DE control parameters are set as follow: the number of population is 20; the
mutation factor F= 0.8; the crossover factor CR= 0.8 and the iteration number is 150.

5. Simulation Results and Discussion
The solutions results for optimal location of reactive power sources to minimize the
fitness function mentioned above in objective to find the weakest buses for IEEE 30, 57 and 118
power systems are obtained and discussed below. The important parameter values of IEEE 30,
57 and 118 test systems are given in Table 1 and the detailed parameters are listed in [24].
Table 1. Important Data of IEEE Standard Test Systems
IEEE test
systems

Number of
generators

Number of
lines

Number of
loads

Total PD
(MW)

Total PQ
(MVAr)

Number of
Transformer
tapings

Number of
shunt
capacitances

30 Bus

6

41

24

283.4

126.2

4

2

57 Bus

7

80

50

1251.8

3364

15

3

118 Bus

54

186

64

3678

1438

9

15

5.1. Determination of Weak Buses in 30-bus Test System
The IEEE 30-bus test system consists of six generators at buses 1, 2, 5, 8, 11 and 13.
The system has 41 transmission lines and 24 loads. The total system load is 283.4 MW. The
cost coefficients for 30-bus system are taken from [25].
Figure 2 depicts the IEEE 30-bus test system load curve (hourly load curve), where is
divided into two different periods, i.e. peak period and off-peak period. Figure 3 and Figure 4
show respectively the power generation and system voltage magnitudes for peak and off-peak
periods. It is observed that more then allowed level of load increasing, power generation
increased and voltage at all buses dropped. Figure 5 shows the Lmn index in the normal and
heavy load conditions (peak period). It can be seen that the Lmn increased when the system
operate in the heavy load conditions, for this reason it is more practical to find the weakest
buses at heavy load conditions.

Figure 2. IEEE 30-bus System Load Curve
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Figure 3. Power Generation

Figure 4. Voltage Magnitudes

Figure 5. Lmn Index in Normal and Heavy Load Conditions
In this subsection DE optimization technique is used to define the best location to
provide desired reactive power support under heavy load conditions. The find buses are
considered as the weakest buses in the system from the point of view of voltage stability. The
result of the weakest bus ranking under heavy load conditions obtained is presented in Table 2.
The buses are ranked starting with the most critical bus which is the bus 30. The results
obtained from the method proposed in Ref. [26-28] are used for making a comparison with
those results obtained from the proposed method. From Table 2, we conclude that the proposed
method can efficiently identify the weakest buses. Figure 6 show the weakest area in the
system, from this figure we can observe that this area has not included any generators and it is
remote from the generator buses. In otherwise the buses 30, 26 and 29 are all at the end of the
radial network, they are requiring the reactive power compensation.
Table 2. Weakest Buses Ranking under Heavy Load Conditions in IEEE 30-bus System
Ref [26]
Ref [27]
Ref [28]
Proposed method

30, 26, 29, 25, 27
30, 26, 29, 14, 23
30, 26, 29, 19, 20
30, 26, 29, 21, 24
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Figure 6. Weakest Area in IEEE 30-bus System

5.2. Determination of Weak Buses in 57-bus and 118-bus Test Systems
In this case, the proposed method is applied on the IEEE 57-bus and IEEE 118-bus
systems [25]. Based on DE optimization technique the first five weakest buses are presented in
Table 3. For IEEE 57-bus system the weak area is recovered the following buses: 37, 15, 31, 52
and 13. The second test system can be regarded as a realistic transmission level power
network in terms of number of nodes and branches. It consists of 118 nodes and 186 branches
but using the proposed method the identification and ranking of weakest buses can only take a
few of minutes. For this test system the following buses 95, 63, 22, 94 and 101 are defined as
the weakest buses.
Table 3. Weakest Buses Ranking under Heavy Load Conditions in IEEE 57-bus and IEEE 118bus Test Systems
Test system
IEEE 57-bus
IEEE 118-bus

Weakest buses
37, 15, 31, 52, 13
95, 63, 22, 94, 101

6. Conclusion
Differential Evolution Based Optimal Location of reactive power supports (Var sources)
is proposed to identify the weakest buses for different IEEE standard test systems. The weakest
buses identification problem is modeled as optimization problem considering the voltage stability
of power system. The scheme optimizes the cost, the power losses and the load voltage
stability index to find the buses were the Var sources to be installed, and these buses are
considered as the weakest buses in the system. Simulations were performed on IEEE 30, 57
and 118 bus systems. The simulation results authenticate the effectiveness of the proposed
method.

References
[1] Kundur P. Power System Stability and Control, EPRI Power System Engineering Series, McGraw-Hill,
1994. ISBN 0-07-035958-X.
[2] Liu Zhuo. The impedance analyses of heavy load node in voltage stability studies, Proceedings of the
CSEE. 2000; 20: 35-39.
[3] Coelho LS, Lee CS. Solving economic load dispatch problems in power systems using chaotic and
Gaussian particle swarm optimization approaches. Int J Elect Power Energy Syst. 2008; 30(5): 297–
307.
[4] YL Chen. Weak bus oriented reactive power planning for system security. Generation, Transmission
and Distribution, IEE Proceedings. 1996; 143: 541-545.
[5] Ajjaraparu V, Christy C. The continuation power flow: a tool for steady state voltage stability analysis.
IEEE Trans Power Syst. 1992; 7(1): 416–23.

Weakest Buses Identification and Ranking in Large Power Transmission… (M. Amroune)

7130



ISSN: 2302-4046

[6] I Musirin, TKA Rahman. Novel Fast Voltage Stability Index (FVSI) for Voltage Stability Analysis in
Power Transmission System. Student Conference on Research and Development Proceedings. Shah
Alam, Malaysia. 2002.
[7] R Kanimozhi, K Selvi. A Novel Line Stability Index for Voltage Stability Analysis and contingency
Ranking in Power System Using Fuzzy Based Load Flow. J Electr Eng Technol. 2013; 8(4): 694-703.
[8] Subramani C, Subhransu Sekhar Dash, Vivek Kumar, Harish Kiran. Implementation of Line Stability
Index for Contingency Analysis and Screening in Power Systems. Journal of Computer Science. 2012;
8(4): 585-590.
[9] P Juanuwattanakul, Mohammad AS Masoum. Identification of the Weakest Buses in Unbalanced
Multiphase Smart Grids with Plug-In Electric Vehicle Charging Station. Innovative Smart Grid
Technologies Asia. 2011.
[10] P Acharjee. Identification of maximum load-ability limit and weak buses using security constraint
genetic algorithm. Electrical Power and Energy Systems. 2012; 36: 40–50.
[11] BF Wollenberg. Transmission system reactive power compensation. IEEE Power Engineering Society
Winter Meeting. 2002; 1: 507-508.
[12] Tareq Aziz, TK Saha, N Mithulanathan. Distributed Generators Placement for Loadability
Enhancement based on Reactive Power Margin. Submitted in IPEC. Singapore. 2010
[13] Minami, Shoichi, MORII, Satoshi, KAWAMOTO, Shunji. Voltage Stability Analysis for Bulk Power
System by P-V and Q-V Curves Considering Dynamic Loads. International Conference on Electrical
Engineering. 2008.
[14] B Gao, GK Morison, P Kundur. Voltage Stability Evaluation Using Modal Analysis. IEEE Trans on
Power Sys. 1992; 7(11): 1529-1542.
[15] Arthit Sode-Yome, Nadarajah Mithulananthan, Kwang Y Lee. A Maximum Loading Margin Method for
Static Voltage Stability in Power Systems. IEEE Trans on Power Sys. 2006; 21(2): 799-808.
[16] T Nagao, K Tanaka, K Takenaka. Development of static and simulation programs for voltage stability
studies of bulk power system. IEEE Trans. on Power Systems. 1997; 12: 273-281.
[17] K Lba, H Suzuki, M Egawa, et al. Calculation of critical loading condition with nose curve using
homotopy continuation method. IEEE Trans on Power Systems. 1991; 6(2): 584-593.
[18] Liu B, Wang L, Jin YH, Tang F, Huang DX. Improved particle swarm optimization combined with
chaos. Chaos Soliton Fract. 2005; 25(5): 1261–71.
[19] Mahmoud Moghavvenni, M Faruque. Estimation of Voltage Collapse from Local measurement of Line
Power Flow and Bus Voltages. Proc. Of International conference on Electrical Power Engineering,
1999. Budapest.
[20] Moghavvemi M, Omar FM. Technique for contingency monitoring and voltage collapse prediction. IEE.
Proc Gener. Transm Distrib. 1998; 145(6): 634–40.
[21] R Storn, K Price. Differential evolution a simple and efficient adaptive scheme for global optimization
over continuous spaces. Technical Report TR-95-012, ICSI; 1995.
[22] Price KV. An introduction to differential evolution, In New Ideas in Optimization, Corne D. Dorigo M.
Glover M (eds). McGraw-Hill: London. 1999; 79-108.
[23] Wong KP, Dong ZY. Differential evolution, an alternative approach to evolutionary algorithm. In
modern Heuristics Optimization Techniques. Lee KY, El-Sharkawi M (eds), John Wiley & Sons.
Hooken, New Jersey. 2008; 171-187.
[24] P Venkatesh, R Gnanadass, NP Padhy. Comparison and application of evolutionary programming
techniques to combined economic emission dis-patch with line flow constraints. IEEE Trans. Power
Syst. 2003; 18(2): 688–697.
[25] MATPOWER ToolBox version 3.2. URL < http://www.pserc.cornell.edu/matpower/ >
[26] Chih-Wen Liu, Chen-Sung Chang, Mu-Chun Su. Neuro-Fuzzy Networks for Voltage Security
Monitoring Based on Synchronized Phasor Measurements. IEEE Transactions on Power Systems.
1998; 13(2): 326-332.
[27] YY Hong, CH Gau, Voltage stability indicator for identification of the weakest bus/area in power
systems. IEE Proc-Gener. Transm. Distrib. I994; 141(4): 305-309.
[28] Wenping Qin, Wei zhang, Peng Wang, Xiaoqing Han. Power System Reliability Based on Voltage
Weakest Bus Identification. Power and Energy Society General Meeting. 2011.

TELKOMNIKA Vol. 12, No. 10, October 2014: 7123 – 7130

